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When the volatility of an ARCH process is degenerate, the Gaussian contrast cannot be
used for the parametric estimation of its coeﬃcients. We will consider a typical example :
the case of some ARCH processes with a linear volatility (LARCH) introduced to model
the long memory ([3]). In the litterature, a weigthed least squares estimation ([2]) and a
smoothed version of the (pseudo) gaussian likelihood ([1], [4]) have been proposed in order
√
to estimate the coeﬃcients at the usual rate n but the asymptotic eﬃciency of these
methods has not been investigated. After giving an interpretation and a generalization of
the smoothing method, we will show that under some general assumptions, it is possible
to compute exactly the smallest asymptotic variance for LARCH processes. The result is
atypical. The best asymptotic variance is a degenerate matrix of rank one, whose expression
is related to the single ”non-explosive” direction for an increasing approximation of the
(pseudo) Fisher information. However, the choice of the smoothing parameter for a ﬁnite
sample is an unsolved problem.
This method of smoothing can be easily extended to some multivariate ARCH processes
or diﬀusions in order to recover some classical results of the non-degenerate case.
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[1] Beran, J., Schützner, M. On approximate pseudo-maximum likelihood estimation for
LARCH-processes. Bernoulli, Volume 15, Number 4 (2009), 1057-1081.
[2] Francq, C., Zakoı̈an, J-M. Inconsistency of the MLE and inference based on weighted
LS for LARCH models. Journal of Econometrics, 159, 1 (2010) 151.
[3] Giraitis, L., Leipus, R., Robinson, P., Surgailis, D. LARCH, Leverage, and Long
Memory. Journal of Financial Econometrics, Volume 2, Issue 2, pp. 177-210.
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